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ABSTRACT
The effect of minor additions of substitutional elements such as Al, Cu, Mn, and Fe on the room-temperature (RT) and elevated-temperature
hardness of a single bcc phase Hf20Nb31Ta31Ti18 refractory high entropy alloy is studied here. Interestingly, 2.5 at. % nominal addition of
Fe hardened the base Hf20Nb31Ta31Ti18 alloy in the temperature range from RT to 800 ○C, while the same nominal content of addition
of Al, Cu, and Mn softened the base alloy from RT to 1000 ○C. Regardless of solid solution hardening or solid solution softening, the
hardness variation with temperature essentially showed the same three-stage pattern for all studied alloys here: a temperature-dependent
decrease in hardness below 300 ○C/400 ○C, followed by a temperature-independent hardness plateau between 300/400 and 800 ○C, and finally
a temperature-dependent decrease in hardness at temperatures higher than 800 ○C. The mechanism for solid solution hardening or softening
in bcc-structured refractory high entropy alloys is discussed, together with their temperature dependence.

© 2023 Author(s). All article content, except where otherwise noted, is licensed under a Creative Commons Attribution (CC BY) license
(http://creativecommons.org/licenses/by/4.0/). https://doi.org/10.1063/5.0160762

I. INTRODUCTION

Refractory high entropy alloys (RHEAs) have been attract-
ing increasing attention from the materials community since their
first discovery in 2010 by Senkov et al.1,2 With a yield stress of
above 400 MPa at 1600 ○C for some RHEAs, it is not surpris-
ing that they are widely regarded as promising replacements for
the state-of-the-art Ni-based superalloys in high-temperature (HT)
applications, e.g., jet engines. Currently, the upper bound of working
temperature for jet engines using Ni-based superalloys is lower than
1500 ○C, set by their melting points (Tm). An almost 50% increase
in output power for future jet engines could result from operating
at around 1300 ○C without auxiliary cooling.3 Continuous efforts
from the materials perspective have been made to push jet engines
to operate at higher temperatures for increased energy efficiency.
Examples include covalent bond based intermetallics or ceramics,

which are known to possess excellent chemical stability and HT
strength. They, however, typically suffer from brittleness, especially
at room temperature (RT), which significantly restricts their man-
ufacturing and processing. Another example is refractory metals
or alloys with high Tm, but with a metallic bond instead. Particu-
larly, Nb-based alloys stand out among refractory alloys with several
merits that are suitable for HT applications: high Tm (2469 ○C for
Nb), comparable density (8.57 g/cm3) to Ni-based superalloys, and
ductile–brittle transition temperature (DBTT) lower than RT. How-
ever, compared to Ni-based superalloys, the strength of Nb alloys
needs much improvement, especially at HT.4 Solid solution hard-
ening (SSH)5 is no doubt one strategy applicable to strengthen Nb
alloys, without worrying much about embrittlement that is typically
accompanied by secondary phase strengthening. Unfortunately, the
hardening effect from SSH is rather limited in traditional solid
solutions. The concept of high entropy alloys (HEAs)6–9 brings new
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opportunity for SSH.10 The alloying strategy of HEAs also greatly
expands the compositional space, which was previously defined by
the conventional alloy design and limited to the corners of phase dia-
grams. Some claimed advantages of HEAs include the high entropy
effect to stabilize the solid solution phase(s),11 the severe lattice dis-
tortion effect, which is closely related to SSH, and the controversial
sluggish diffusion effect,12 which could contribute to enhanced ther-
mal stability. Eventually, the combination of refractory alloys such
as Nb alloys, and the alloy design strategy of HEAs, created a new
category of alloys, RHEAs, a highly pursued field of research in the
domain of HEAs and the topic of the current work.

For alloys aiming for HT applications, they require to simulta-
neously possess high strength at HT and sufficient tensile ductility
at RT. These material requirements are much more demanding
than the material requirements to conquer the well-known trade-
off between strength and ductility at RT.13 As a new type of HT
materials, RHEAs are now facing the same challenge. For example,
the SSH strategy has been proved to work nicely to enable excel-
lent HT strength for singe bcc phase RHEAs,14–17 but all at the
cost of tensile ductility at RT. The other strategy is to start with
RT tensile ductile RHEAs and then to strengthen them by SSH or
by coherent secondary phases, as in the case of Ni-based superal-
loys. For example, ductile RHEAs such as HfNbTaTiZr and their
derivatives14–16 have been extensively explored, but they all showed
rather low strength at HT,17 benchmarked by Ni-based superal-
loys. Using the SSH strategy, the HT strength of some originally
ductile RHEAs could be enhanced by doping a high-level addition
of Mo or W, but that unfortunately led to embrittlement of the
alloys. Inspired by the coherent γ/γ′ microstructure in Ni-based
superalloys, there existed some efforts to obtain a coherent B2/bcc
microstructure in RHEAs.18–20 Typically, the spinodal decomposi-
tion between Zr and Ta (Nb) at HT21,22 was utilized, Al was added
to order the Zr-enriched bcc phase into the B2 phase, a large lat-
tice misfit between two phases (BCC and B2) was generated, and
in some cases, a reversible inversion of them was triggered.23,24 The
thermal instability of superalloys such as RHEAs containing a coher-
ent bcc/B2 structure, however, remains a major concern especially
at HT.24,25 After reviewing the HT strength of reported single-phase
and multi-phase RHEAs,17 Senkov et al. concluded that compared
to multi-phase RHEAs, SSH-ed single bcc phase RHEAs with high
Tm and naturally also high density have better thermal stability and
a higher chance to retain their strength at higher temperatures. At
T ≥ 0.6Tm, as the diffusion-controlled deformation mechanism is
likely activated, a quick drop in strength is expected for single-phase
RHEAs. To summarize, how to achieve RT ductility without com-
promising HT strength and thermal stability is still a formidable
challenge to push forward the alloy development of RHEAs.

One now considers strategies to soften those alloys with decent
HT strength but poor RT ductility, for example, the previously men-
tioned single bcc phase RHEAs with high Tm. It must be noted
that RT ductility that can be expected for RHEAs with decent
HT strength would be marginal, but certainly not zero. Contrary
to the SSH strategy, solid solution softening (SSS), which is a
well-documented phenomenon mainly existing in bcc structured
materials,26,27 can be utilized to soften the alloys at RT to induce duc-
tility. As examples, Mo and W with higher DBTT than RT, can be
ductilized by alloying with elements such as Re and Os.26–29 SSS was
indeed a rather extensively studied research topic with the following

distinct features revealed:30–32 it predominately affects flow stress at
low temperatures, i.e., below 0.15Tm;37,38 both interstitial and sub-
stitutional solutes can induce SSS.31 However, due to the high cost
and scarcity of elements such as Re or Os, the application of the SSS
strategy in dilute refractory alloys (compared to RHEAs with con-
centrated alloy compositions) was limited. Interestingly, based on
the first-principles calculations, cost effective Al and Mn were pre-
dicted to be the most promising alternatives to Re to improve the
ductility of W at low temperatures, among 21 substitutional alloying
elements that were investigated.33 Inspired by the theoretical efforts,
we therefore propose to employ the SSS strategy to induce RT duc-
tility in RHEAs by alloying with elements such as Mn and Al. The
hope is that alloying can trigger SSS at RT while the HT strength can
be at least retained, if not enhanced. Ultimately, we intend to apply
this strategy for those RHEAs with decent HT strength but poor RT
ductility. However, to prove the concept, here, we start from RHEAs
with some RT ductility (and naturally not superior HT strength) as
a continuation of our previous research line working with ductile
RHEAs.15

II. METHODS
RHEAs with nominal compositions of Hf20Nb31Ta31Ti18

(denoted as HNTT) and Hf20Nb29.75Ta29.75Ti18-X2.5 (X = Mn, Al,
Cu, and Fe, denoted as HNTT-Mn, HNTT-Al, HNTT-Cu, and
HNTT-Fe, respectively) in at. % were arc-melted using high purity
(>99.95%) elements at least five times to ensure chemical homo-
geneity followed by furnace cooling. The nominal content of doped
alloying elements was fixed to be 2.5 at. %, to separate the effect
of the micro-alloying level on SSH or SSS. Regarding the choice
of alloying elements, Mn and Al were selected based on the first-
principles calculation results, as stated previously, while others were
added mainly for comparison purposes. The microstructure and
local chemical compositions were measured using a field emission
gun scanning electron microscope (FEGSEM, LEO-1550) equipped
with a backscatter electron (BSE) detector and by energy disper-
sive spectroscopy (EDS). As can be seen from Table I, there were
some losses in metals with low melting points (compared to those of
refractory elements) during melting, and particularly, the loss of Mn
was rather significant due to the high volatilization of Mn and a long
melting time (>2 min per melting) at over 450 mA of the arc melting
current. The crystal structure was tested using an x-ray diffractome-
ter (XRD, Bruker D8 Advance) using Cu-Kα1 radiation in the two
theta range of 20○ to 100○. The hardness from RT to 1000 ○C was
tested using a high temperature Vickers hardness tester (Intesco-
HTM 1400) under high-vacuum (down to 2.0 × 10−5 Pa), with a load

TABLE I. Measured compositions of the tested alloys by EDS, in at. %.

Alloy ID Nb Ta Hf Ti Mn Al Cu Fe

HNTT 31.1 30.6 20.8 17.6
HNTT-Mn 29.2 30.8 22.0 17.8 0.2
HNTT-Al 29.0 30.8 20.6 17.7 1.9
HNTT-Cu 30.2 29.8 21.0 17.6 1.3
HNTT-Fe 28.6 29.9 20.9 18.1 2.4
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FIG. 1. BSE images of as-cast HNTT, HNTT-Mn, HNTT-Cu, and HNTT-Fe alloys.

of 1.0 kgf and a dwell time of 10 s. The hardness value was averaged
from around five indentations at each temperature.

III. RESULTS
Figure 1 shows the microstructures of HNTT, HNTT-Mn,

HNTT-Cu, and HNTT-Fe alloys, where dendritic and inter-
dendritic features typically seen in directly cast HEAs were observed.
An EDS elemental mapping of the HNTT-Al alloy, given in Fig. 2,
shows the segregation of Ta with high Tm in the dendritic region and
segregation of Ti and Al with relatively low Tm in the inter-dendritic
region, and the same patten was seen in all the alloys tested here
(not shown for simplicity). All the tested alloys were identified to be
of the single bcc phase, according to Fig. 3, which was intended for
the purpose of studying SSH or SSS in this work.

The Vickers hardness for all the tested alloys, at temperatures
ranging from RT to 1000 ○C, is given in Table II and plotted in

FIG. 3. XRD patterns of HNTT, HNTT-Mn, HNTT-Al, HNTT-Cu, and HNTT-Fe
alloys.

Fig. 4. Essentially, all the alloys showed a three-stage pattern, rem-
iniscent of how the flow stress varies as a function of temperature in
RHEAs and other bcc structured materials.34–36 First, at low tem-
peratures below 300 ○C (400 ○C for HNTT-Fe), the hardness was
strongly influenced by the temperature and different substitutional
solutes. Normally, the lower the temperature, the higher the hard-
ness, which was also the scenario seen in this case. With 2.5 at. %
nominal addition of Mn, Al, and Cu, the HNTT base alloy was soft-
ened by 20%, 18.1%, and 13.3%, respectively, while 2.5 at. % nominal
addition of Fe instead hardened HNTT by 5.2%. Second, at inter-
mediate temperatures ranging from 300 ○C (400 ○C for HNTT-Fe)
to 800 ○C, the hardness was almost stabilized, and a plateau was
seen. Finally, at high temperatures over 800 ○C, the hardness of all
the alloys dropped quickly, presumably due to the increasing impact
of thermally diffusion-controlled processes. We will not pay much
attention to this temperature range since it does not help with the

FIG. 2. EDS elemental mapping of the HNTT-Al alloy.
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TABLE II. Vickers hardness of HNTT, HNTT-Mn, HNTT-Al, HNTT-Cu, and HNTT-Fe alloys at various temperatures (in ○C).

Alloy ID/
temperature RT 300 400 600 800 1000

HNTT 294.4± 4.5 226.0± 2.4 225.4± 4.3 226.0± 2.5 204.9± 3.8 152.7± 4.8
HNTT-Mn 235.5± 5.8 195.9± 1.8 190.5± 3.8 194.3± 2.2 185.9± 1.6 131.0± 6.1
HNTT-Al 241.1± 3.5 190.7± 4.9 188.1± 3.7 186.7± 4.2 186.0± 2.5 130.9± 2.9
HNTT-Cu 255.2± 1.4 207.7± 2.6 202.1± 1.7 196.5± 7.9 185.9± 3.2 135.5± 3.3
HNTT-Fe 309.8± 4.1 261.6± 4.8 226.0± 3.1 234.0± 10.3 221.6± 6.4 124.1± 4.9

FIG. 4. Temperature-dependent Vickers hardness for HNTT, HNTT-Mn, HNTT-Al,
HNTT-Cu, and HNTT-Fe alloys.

discussion on achieving a decent HT strength. It is noted that at
1000 ○C, the hardness of the HNTT-Fe alloy, with hardness higher
than that of HNTT up to 800 ○C, was lower than that of HNTT,
indicating the loss of SSH at this temperature.

IV. DISCUSSION
We now try to rationalize the hardness variation for the tested

RHEAs, as a function of temperature, based on the previous under-
standing on temperature dependent flow stress in bcc structured
materials. Flow stress is known to be temperature dependent in bcc
structured materials, and it is composed of two components: a ther-
mal one, called effective stress, and an athermal one, known as the
athermal stress.37 Only effective stress is altered by SSS, with reduced
temperature dependence when the temperature increases, at low
temperatures. Athermal stress is governed by SSH at elevated tem-
peratures, and it is generally constant and basically only affected by
the lattice misfit due to atomic size and modulus differences, con-
trolling how dislocations can move across. The barrier that gives rise
to effective stress is of a short-range nature, while that for athermal
stress is of a long-range nature. Therefore, these two components
of the flow stress would interact with dislocations differently upon
alloying.37 Since the hardening mechanisms other than solid solu-
tion hardening can be ignored in these single-phase alloys, and the

hardness is in general linearly proportional to the strength, the tem-
perature dependent hardness seen here naturally led us to infer that
the hardness in RHEAs also consists of two components: effective
hardness and athermal hardness.

We start from the first stage of the hardness variation, where in
all the tested alloys, the hardness decreased with increasing temper-
ature below 300 ○C (400 ○C for HNTT-Fe). Importantly, compared
to the base HNTT alloy, HNTT-Fe showed a higher hardness while
HNTT-Mn, HNTT-Al, and HNTT-Cu all showed a lower hardness
at this temperature range. Apparently, a nominal 2.5 at. % addi-
tion of Fe led to SSH, while the same nominal content of Mn, Al,
and Cu addition led to SSS in the base HNTT alloy. Softening or
hardening effects in bcc structured materials are essentially pro-
duced by the interaction between solutes and the non-planar core
of 1/2⟨111⟩ screw dislocations. There are two critical shear stresses
that are responsible for the motion of these screw dislocations under
the applied external stress: Peierls–Nabarro (P–N) stress, which will
be maintained when the external stress is removed and is sensi-
tive to the chemical environment of the screw dislocation core, and
the stress to enable screw dislocations to advance forward.26 P–N
stress is associated with double-kink nucleation, which can accom-
modate screw dislocations and hence induce softening. This process
forms spontaneously according to the lowest energy principle. The
stress to move screw dislocations forward is associated with the kink
migration process moving laterally along the dislocation line, which
triggers hardening. Both processes are thermally activated, and their
rates can be described by the Arrhenius equation as (attempt fre-
quency) ∗ exp[−(enthalpy barrier)/(kBT)], where kB is Boltzmann’s
constant and T is the temperature.27 The enthalpy barriers have a
stress scale and an energy scale,27 both of which can be affected
by the addition of solutes in a solid solution. The stress scale is
correlated with the P–N stress and the stiffness for moving a sin-
gle atomic row in the dislocation core, which changes with solutes
since they change the stiffness, while the energy scale is connected
to the direct solute–dislocation core interaction.27 Temperature, of
course, influences the thermally activated processes and hence both
double-kink nucleation and kink migration. These two competing
mechanisms are therefore affected by substitutional solute additions
due to their effect on changing the enthalpy barrier and temperature,
and their competition decides the ultimate softening or hardening
behavior. Figure 5 shows a schematic illustration of two competing
plastic deformation mechanisms between double-kink nucleation
and kink migration in bcc structured alloys. Minor additions of Mn,
Al, Cu, and Fe into the HNTT alloy shall improve the double-kink
nucleation rate, regardless of the attractive or repulsive interactions
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FIG. 5. A schematic illustration of two competing plastic deformation mechanisms between double-kink nucleation and kink migration in single phase bcc structured alloys
at low temperatures. The cross-over concentration, from the double-kink nucleation dominated mechanism to the kink migration dominated mechanism, shifts to the lower
concentration side when the temperature increases.

between different type of solutes and screw dislocations, and lead
to softening. Both attractive and repulsive interactions could reduce
the nucleation barrier along an initial straight dislocation line by
pulling in or pushing away from the solute.38 In this work, from RT
to 300 ○C, compared to the base HNTT alloy, the plastic deforma-
tion mechanism of alloys with 2.5 at. % nominal addition of Mn,
Al, and Cu is double-kink nucleation dominated, leading to soft-
ening, and it is expected that the plastic deformation mechanism
would transit to kink migration, which dominates when increasing
the content of alloying additions, finally leading to hardening (con-
firmed and not shown here). Furthermore, considering that the base
HNTT alloy has a hardness of 294 at RT, which is already quite soft,
the softening effect here is distinct especially by Mn. Other factors
potentially contributing to softening may include the addition of
certain solutes constricting the extended core of screw dislocations,
therefore facilitating the dislocation motion or an increased mobile
dislocation density.26,39 However, for the alloy with the same nomi-
nal addition of Fe and at the same temperature range, it shall be kink
migration dominated. Thus, adequate Fe atoms are already interact-
ing with the dislocations along the dislocation line and prohibiting
the lateral motion of kinked screw dislocations, leading to hard-
ening. There exists a crossover concentration of the substitutional
solute, below which the double-kink nucleation mechanism domi-
nates so that softening occurs and above which the kink migration
mechanism dominates so that hardening occurs. The crossover con-
centration shifts to the lower side with an increase in temperature
since higher temperature helps accelerate double-kink nucleation
more than kink migration. Thus, it can be concluded that softening
or hardening in bcc structured alloys can be varied depending on
the type and content of addition solutes, as well as the temperature
range.

We then move to the second stage of the hardness varia-
tion, at intermediate temperatures ranging from 300 ○C (400 ○C for
HNTT-Fe) to 800 ○C, where the hardness was almost insensitive
to temperature in all the tested alloys. In this case, the plasticity is
mainly mediated by the Peierls motion and cross-slip of screw dis-
locations passing by the rough landscape resulting from the lattice
misfit with collapses of edge dislocation dipoles at screw disloca-
tions because of a strong self-diffusion under the applied shear
stress.40–42 The scenario fits into the SSH mechanism, which comes
from the elastic stress field generated from the interaction between
dislocations and solute atoms.5,43 For a concentrated solid solu-
tion, the solute-induced stress increase, Δσ, can be expressed as
Δσ = Aμδ4/3c2/3,44 where A is a dimensionless constant, c is the
content of solutes, and δ is the misfit parameter. This expression
was initially developed for binary solid solutions with the concen-
tration of the solvent exceeding 60%–70% and was subsequently
modified and applied by Senkov et al. to the HfNbTaTiZr RHEA.14

Therefore, a direct correlation between yield stress (or hardness) and
misfit parameters could be established for single phase bcc struc-
tured alloys, with the interaction force F increasing with an increase
in the atomic size and modulus misfit between solutes and the sol-
vent. The Vickers hardness of the studied alloys at 600 ○C is used to
illustrate the situation. The base HNTT alloy with a hardness of 226
at 600 ○C was hardened by a nominal 2.5 at. % addition of Fe to a
hardness of 234, while it was softened by the same nominal addition
of Mn, Al, or Cu to hardness values of 194, 187, and 197, respec-
tively. In principle, at intermediate temperatures, any addition of
solutes into the base alloy would cause lattice distortion, generat-
ing the elastic stress field either due to the atomic size mismatch
(smaller atomic size of transition metals than refractory elements)
or the modulus misfit. However, the softening effect induced by the
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addition of a minor amount of Mn, Al, and Cu was rather significant:
around 20%, 18.1%, and 13.3%, respectively, at RT and around 14%,
17.4%, and 13.1%, respectively, at 600 ○C. Therefore, the marginal
hardening effect (around 6%, 0.7%, and 0.2% calculated using the
actual Mn, Al, and Cu content, respectively, given in Table I) was
overridden by the overall softening effect that was dominating in
HNTT-Mn, HNTT-Al, and HNTT-Cu alloys. In addition, according
to a recent finding, there is a possible transition in the strengthen-
ing mechanism from the screw dislocation dominated mechanism to
edge dislocation dominated mechanism, depending on misfit para-
meters,45 and edge dislocation-dominated alloys are more likely to
retain the strength at higher homologous temperatures.46 There-
fore, the competition between hardening and softening can also be
interpreted from different perspectives, which is out of the scope of
this work. At this stage, we conclude that this athermal plateau is
primarily controlled by SSH, which is influenced by lattice misfit.

V. CONCLUSION
In summary, minor additions of substitutional elements

could cause either solid solution hardening or softening in a
Hf20Nb31Ta31Ti18 RHEA, in a wide temperature range. 2.5 at. %
nominal addition of Fe led to solid solution hardening due to a
kink migration dominated plastic deformation mechanism, while
the same nominal content of addition of Mn, Al, and Cu caused
solid solution softening due to a double-kink nucleation dominated
plastic deformation mechanism. A crossover of the dominating plas-
tic deformation mechanism from double-kink nucleation to kink
migration could be varied by the type and content of solutes added,
as well as the temperature range. On the other hand, for all the stud-
ied alloys, regardless of the occurrence of solid solution hardening or
softening, the hardness variation with temperature showed the same
three-stage pattern: a temperature dependent hardness reduction
from room temperature to 300 ○C/400 ○C, followed by an athermal
plateau from 300/400 to 800 ○C, influenced mainly by misfits in the
atomic size and modulus, and finally a quick drop in hardness above
800 ○C due to the enhanced diffusion-controlled processes. In the
future, we plan to trigger solid solution softening that we revealed
here in this work, to enable some tensile ductility (even marginal)
at RT, for those bcc-structured RHEAs showing decent HT strength
yet zero tensile ductility, by engineering the type and content of sub-
stitutional additions. Meanwhile, we also intend to actively learn
from what large-scale density functional theory (DFT) and density
functional tight binding (DFTB) calculations could provide to guide
the alloy design of HEAs, including RHEAs, and importantly to
optimize their mechanical behavior.47,48
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