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Experimental proposals for testing quantum gravity-induced entanglement of masses (QGEM) typically
involve two interacting masses which are each in a spatial superposition state. Here, we propose instead a
QGEM experiment with two particles which are each in a superposition of rotational states; this amounts to
a superposition of mass through mass-energy equivalence. In sharp contrast to the typical protocols studied,
our proposal is genuinely relativistic. It does not consider a quantum positional degree of freedom and but
relies on the fact that rotational energy gravitates: the effect we consider disappears in the ¢ — oo limit.
Furthermore, this approach would test a feature unique to gravity since it amounts to sourcing a spacetime

in superposition due to a superposition of “charge.”

DOI: 10.1103/PhysRevD.110.L101901

Introduction. Accessing empirically the regime in which
quantum gravitational effects could take place is notoriously
difficult. One way, claimed impossible by Dyson [1,2],
would be to detect quantized radiation. Another avenue is to
probe the gravitational field sourced by a quantum mass [3].
This idea has received much attention in recent years
with the progress in quantum control over increasingly
large masses [4-6], and well studied specific proposals
for detecting quantum gravity-induced entanglement of
masses (QGEM) that leverage quantum information con-
cepts and trends in quantum technologies [7-9]. Simple
calculations using a direct Newtonian interaction show that
two masses, each prepared in a position-delocalized state,
will become entangled via the gravitational interaction.
Linearized gravity predicts this effect [10-12], while
theories in which the gravitational interaction is mediated
by a classical local field do not predict the generation of
entanglement [13,14]. Thus, gravitationally mediated
entanglement would be a signature of the nonclassical
nature of gravity. This is also supported by quantum
information theoretic arguments that classical systems
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cannot mediate the creation of entanglement [15-17].
While QGEM does not involve direct detection of grav-
itons, there is an interesting indirect connection between
QGEM and quantized radiation within quantum field
theory [18-21].

QGEM schemes are typically imagined in the Newtonian
regime and concern sourcing the gravitational field with
masses that are prepared so that their positional degree of
freedom is in a quantum superposition. Here, instead, we
study a relativistic QGEM scheme. Instead of considering
spatial superposition states, we take two particles that are
each in a superposition of states of different mass, by
preparing each particle in a superposition of rotational
energy states and relying on mass-energy equivalence. In
this case, not only G and 7 are relevant but also c: the effect
disappears in the ¢ — oo limit. This idea is conceptually
similar to the thought experiment discussed in Ref. [22],
where it is shown that two clocks will get entangled due to
the fact that a clock generally involves transitions between
different energy states, and in Ref. [23], where neutrinolike
oscillations are considered. QGEM protocols using par-
ticles in spatial superposition states and in superpositions of
mass states are schematically represented in Fig. 1.

Performing such an experiment would be a more
important test than the usual QGEM protocols that operate
in the Newtonian regime. The protocol we study here relies
on the general relativistic effect whereby the gravitational
field can be sourced by rotational energy. This effect does
not take place in Newtonian gravity, where the source of
the gravitational field is the mass density. Because the use

Published by the American Physical Society
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FIG. 1. QGEM protocols aim to witness whether the gravita-
tional interaction between two masses can be in a superposition
state. The typical approach considers (a) preparing each mass in a
superposition of locations. Another possibility is to (b) prepare
each particle in a superposition of mass states. Concretely, we
show how this can be achieved by (c) preparing each particle in a
superposition of rotational energies and exploiting the equiv-
alence between mass and (rotational) energy.

of the mass energy results in a 1/c* suppressing factor
in the entangling phase, this test would be a more
difficult experiment than detecting QGEM with spatial
superposition states. However, this protocol would test a
genuine interface between general relativity and quantum
mechanics in the sense that there is no precise analog
in electromagnetism as it would amount to considering
a particle in a state superposition of electric charge which
is excluded by superselection rules. We discuss the
importance of this protocol in testing whether gravity
can be treated as a classical variable in our concluding
section.

Coming up with a realistic protocol to detect QGEM in
mass superposition states is therefore not a trivial matter.
This is the task for the current work. The protocol we
discuss below goes some way in bringing this possibility to
the realm of the feasible. Indeed, while we identify an
operational “table top” parameter regime, a sober headed
conclusion would be that the parameters we use are
extremely ambitious and are not feasible for the foresee-
able future.

We start with some general considerations of the
difficulties in performing such an experiment. Then we
consider a specific protocol for achieving a macroscopic
superposition of rotational energies. We close with a
discussion of our findings.

General considerations. The Hamiltonian for two particles
interacting via gravity at a fixed separation r is H =
—GM,M,/r where G is Newton’s constant, and M, is
the mass operator acting on particle i [24]. We take each
particle being initialized in an equal superposition of mass
M and mass M + AM, denoted as |0) and [1), [¥(0)) =
2010y + |1))(|0) + [1)). After time T the state of the

system can be written as [¥(T)) = 1(|00) + [01) + |10) +

e?|11)), where ¢ = 95T (the calculation is described
step by step in the Supplemental Material [25]). This
two-qubit state is entangled if ¢ # 0. The evolution of
the two masses interacting via gravity can be interpreted
as an entangling two-qubit controlled-phase gate, with ¢
the controlled phase shift [26]. The degree of entanglement
of the state |¥(7T)) can be quantified by the concur-
rence [sin 2¢|.

If the mass superposition AM is achieved by preparing
each particle in a superposition of energy states, with
energy difference E, the entangling phase is

p=2—- (1)

Note the suppressing factor 1/c* in the entangling phase
which is due to the use of the mass-energy equivalence
when considering a gravitating energy as we do here. If ¢ is
small, then with N experimental repetitions, the statistical
uncertainty in an estimate of ¢ is ~1/+/N. To show that ¢
is nonzero, and that there is entanglement in the system,
N ~ 1/¢?* experiment repetitions are needed.

A back-of-the-envelope estimate gives an initial idea of
the challenging requirements: with evolution time 7" =1 s,
N = 108 repetitions (requiring a minimum total experiment
time of ~3 years), and separation » = 1 pm, entanglement
would become measurable if AM =4 x 10718 kg =2 x
10°u and E = 0.4 J: a truly macroscopic energy super-
position would be needed!

For example, it is unrealistic to consider the use of
individual atoms or molecules in superpositions of elec-
tronic states, as these are separated by E~ 1 eV ~ 1071 J.
Similarly, if we assume that a large number of atoms or
molecules are probed in parallel and long coherence times
(record coherence times exceed 1 hour [27]), the phase
remains unresolvable. The same applies for superpositions
of nuclear states, since the fusion and fission processes
typically involve energies ~10% eV ~ 107! J.

A more realistic approach to creating superposition of
mass energy with a view to testing QGEM is to consider
two macroscopic solid massive rotors, each of which is set
in a superposition of rotational energy states—and thus a
superposition of masses—interacting via gravity.

A rotor with moment of inertia / in a superposition of
rotating with angular velocity @ and angular velocity 0 is in
a superposition of rotational energies with energy differ-
ence E =1lw®. Substituting this energy difference into
Eq. (1), the entangling phase which develops is ¢ =
GPPo*T/(4hc*r). The general idea studied here can be
thought of as investigating whether the quartic dependence
of ¢ on the angular velocity @ can be used to offset the
suppressing factor 1/c* As we will see, there are several
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other trade-offs that need to be considered in a realistic
analysis.

For example, optically levitated nanoparticles [28] have
indeed been spun up to very high GHz rotational frequen-
cies using circularly polarized light [29,30]. However, this
approach is not suitable due to the unwanted absorption of
photons.

Instead, we consider two rotors, each with an embedded
electric dipole moment and an embedded magnetic dipole
moment, which can be controlled using electric fields and
magnetic fields. We remark that using rotational degrees of
freedom for gravitational entanglement has been proposed
in [31], where a superposition of different static orientations
of complex shapes leads to entanglement, while the more
recent [32] proposes to entangle angular momentum degrees
of freedom via the Lens-Thirring effect. For an introduction
to the topic of spin-controlled rotors, see for instance the
proposals in Refs. [33,34] and the experiments described in
Refs. [35-37]. For a review of quantum phenomena that
appear with rotating nanoparticles see Ref. [38].

Protocol. We consider two solid particles; each has a large
magnetic dipole moment, as well as an embedded spin-1/2
particle corresponding to an electric dipole moment The
idea is to use electric control of the relatively weak spin-1/2
electric dipole moment to prepare a superposition of
orientations, then to use magnetic control of the relatively
large magnetic dipole moment to spin up each particle.
We describe the overall state of each particle in terms of
the orientation of the spin-1/2 electric dipole moment
{l0),|1)} and the orientation of the rest of the particle
(which includes the embedded magnetic dipole moment) in
terms of an angle 6 and angular velocity w, |6, w). We
consider initiating each particle in state |0) ® |0 =0,
@ = 0) and then applying the following steps:

(1) Prepare each spin-1/2 electric dipole moment in a
superposition of orientations. After this step, each
particle is in state %(|O> +11)) ® |80 =0,w = 0).

(2) Apply an electric field, to cause each particle to rotate
to a superposition of orientations. This step lasts for
time 7',. This results in the large embedded magnetic
dipole moment having a superposition of orienta-
tions. After this step, each particle is in state
%(|0> ®0=—0),0x0)+|1) ® |0 =060, w~0)).

(3) Apply an alternating magnetic field, to spin up each
particle. The field is orientated along —6,, so it
effects a torque on only the |l) component of
the superposition, and not on the |0) component.
This step lasts for time 75. After this step, each
particle is in state %(|O) ® |0 = -0y, 0~0)+
1) ® [6(1). @ = wax))-

(4) Allow the two particles to interact via gravity for
time T4.

(5) Reverse step (3).

(6) Reverse step (2).
(7) Measure.

Let us describe some of the steps in more detail:

Step (2): If the electric dipole moment states are initiated
along the X directions, application of an electric field
along the y direction will cause a torque about the +2
direction. This torque will have magnitude p&, where
£ is the magnitude of the electric field. By the end of
step (2) each component will be reorientated by an
angle 0y ~ pET3/(21), where T, is the duration of this
step and / is the particle’s moment of inertia.

Step (3): A magnetic field then applies a torque on the |1)
component and not on the |0) component. This is
achieved by applying the field parallel with the
orientation of the magnetic dipole moment of the |0)
component. Figure 2 illustrates how the field can be
alternated as the particle rotates to ensure that the
torque is always about 2, and that only the |1)
component is spun up.

With a magnetic field with strength B acting on the mag-
netic dipole moment m the maximum torque is 7,,,, = mB
(note that m refers to a magnetic moment and not a mass).
The average torque during step (3) is approximately %Tmax
[cf. Fig. 2(e)]. The angular momentum of the |1) compo-
nent will evolve to Iw,, = %Tmax T; = %mBT3. To a good
approximation, the angular velocity of the |1) component
will increase linearly up to @, during step (3), remain
constant during step (4), then decrease linearly during
step (5), as shown in Fig. 2(d).

The evolution of the angular velocity during step (3)
depends on the separation between the orientations 26, at
the end of step (2). The evolution will proceed fastest if
26, = r/2; this case is represented in Fig. 2. The more
general cause, for lower values of 0, is described in the
Supplemental Material [25].

In the next section, we will consider different effects
which place limits on the protocol. Parameter regimes
allowed by these effects are indicated in Fig. 3(a). We
consider using two solid spheres. The main parameters are
the sphere radii R, maximum angular velocity @,,,, and the
duration of each step (we optimistically consider 10° s).
We also consider particles of density 2.3 x 10* kgm™3,
which is the highest atmospheric pressure density of any
element (osmium).

Operational limitations. We now consider three limitations
and how to overcome them: the smallness of the entangling
phase, centrifugal deformation, and spinning up without
decoherence.

Entangling phase: The entangling phase ¢ that will
develop over steps (2)-(4) is ¢ =S ’rz Jw(t)*dt ~

4nc* r
2.4 . _ .
4,?641“’%(25& + T4). We aim for phase ¢ > 1073, to avoid
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FIG. 2. A dipole field can be used to spin-up a dipole moment.
(a) The dipole moment in the x — y plane has polar angle 6. When
/2 < 6 < 3r/2afield along —9 is applied, otherwise a field along
v is applied. This ensures the torque is always about Z. The process
can be reversed. The subplots show, as a function of time, (b) the
orientation of the applied field, (c) the dipole moments orientation,
(d) the applied torque and (e) the dipole moments angular velocity.

requiring too many experimental repetitions for the phase
to be resolved. Furthermore, very small values of ¢ would
be difficult to measure reliably due to systematic uncer-
tainties. This criterion is satisfied in the upper right region
of Fig. 3(a) (orange dotted area), for higher values of @,
and higher particle radii R.

Centrifugal deformation: Fast spinning objects can irre-
versibly deform due to centrifugal forces. This happens
when the tangential speed becomes comparable with the
speed of sound in the material, introducing distinguish-
ability between the spinning and nonspinning branches
(components |1) and |0) respectively), thus causing
decoherence. This is avoided in the lower left region of
Fig. 3(a) (red region with open circles), for lower values of
®max and lower particle radii R. For the speed of sound in

1015
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FIG. 3. (a) The shaded regions represent parameter regimes

which satisfy the different requirements we consider. The shaded
regions overlap for particles with radii around 0.1 m radius and
angular velocities around 2z x 1 Hz, indicating the scheme may
be viable for these parameters. (b) It becomes more difficult to
prepare superpositions of orientations (separated by angle 6,)
during step (2) as the particle size and the moment of inertia is
increased. (c) The magnetic dipole moment m is limited by the
particle volume and remanence magnetization for small particles,
and by the requirement that photons are not emitted for fast-
spinning particles. These figures consider using two solid
spheres.

the particles, we use the highest physically allowed value
of 3.7 x 10* ms~! [39].

Spin-up without radiation emission: The third limitation we
consider is somewhat more involved than the two intro-
duced so far. It deals with whether it is possible to spin up
the particle to w,,,, while avoiding decoherence caused by
radiation.

With this in mind, first we need to consider the size of
the superposition of orientations 6, achieved after step (2).
The electric field strength we can consider applying during
step (2)is £ ~ 10'° Vm™!, since matter is ionized in higher
electric field strengths. We consider having control over
electric dipole moments p = 10°D; dipole moments of this
magnitude were prepared in superposition states using
laser light and microwave radiation in Ref. [40]. This
gives a maximum torque p€ ~ 1077 Nm during step (2).
Figure 3(b) shows how the angle 6, that can be achieved
decreases as the particle’s moment of inertia is increased.

L101901-4
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Then, whether or not the particle of radius R can be spun
up to @, depends on the magnitude of the embedded
magnetic moment m, the strength of the applied magnetic
field B, as well as on the size of the angular superposition
6, prepared during step (2).

Limits on the magnetic moment m are represented in
Fig. 3(b). If the particles are small, m will be restricted by
the particle volume V and the remanence magnetization M,
to m = M,V. We consider the high magnetization of
neodymium M, = 1.4 T. If the particles spin with high
angular velocities, m will be limited by the need to avoid
emission of radiation, which we explain next.

The rotating magnetic dipole moment may emit electro-
magnetic radiation. If the rotating component of the
superposition (state |1)) emits a photon, then states |0)
and |1) will be distinguishable, and the coherence between
them will be lost. And so, the scheme requires there to be a
low probability of photon emission.

The probability of emitting one or more photons is given
by the overlap between the vacuum and the coherent state of
the electromagnetic field sourced by the spinning branch,
which is e~("), where (n) is the expectation number of the
emitted photons. A classical magnetic dipole moment
rotating with angular velocity o radiates photons of energy
ho. The power emitted is given by P = w*m?/(6zeyc?),
and the rate of photon emission is 72 = w’m?/(6zeyhc?)
and so, during steps (3)—(5), the expectation number of
emitted photons is (n) = @3m?/(6meghc®) (5 + Ty).
We limit m by requiring (n) < 1. This limit impacts m
in Fig. 3(c) if oy, is relatively high.

Then, the parameter regime which allows the particles
with radii R and magnetic moment 72 to be spun up to @,
is indicated by the parameter regime with the blue striped
lines in Fig. 3(a). This region is in the lower left part of the
figure, since it is easier to spin up smaller particles with
smaller moments of inertia to smaller angular velocities.
Here we considered using a magnetic field with strength
B =100 T (this is around twice the record field strength
that has been achieved in continuous operation [41,42]).

Overcoming the limitations: It appears to be possible to
satisfy these three requirements for particles around R ~
0.1 m and angular velocities @,,,x ~ 27z X 1 Hz, since the
three shaded regions in Fig. 3(a) overlap around these
parameters.

The overlap of the shaded regions improves if longer
durations are allowed; however, the timescales we con-
sider (103 s) are already extremely ambitious, since the
experiment will be affected by other sources of decohe-
rence [43,44]. These include blackbody radiation [45],
collisions with background gas particles [45,46], and
surface interactions between the rotors [47]. Achieving
quantum coherence times around 10? s for solid particles
with radii around 0.1 m is far, far beyond the current state
of the art. Low temperatures and low background gas

pressures many orders of magnitude beyond the current
state of the art would be needed to mitigate these decohe-
rence mechanisms.

As well as the parameters described so far, we considered
a separation r = 2R + r,;, between the spheres, where the
minimum separation r;; = 10 pm. While lower separa-
tions allow for stronger gravitational interactions, electric
and magnetic interactions between the particles will need to
be shielded. The value of r.;, is chosen to allow for the
possibility of an electromagnetic shield between the rotors.

Additional effects that arise due to trapping the rotors
[48] are outside the scope of this work. A space-based
experiment [49] could avoid the need for trapping, but this
would raise other technical challenges.

One can consider different avenues for relaxing the
experimental requirements. By reducing the separation
between the masses, stronger gravitational interactions can
be achieved. And so using two disc-shaped particles should
enable larger operational parameter regimes than using two
spheres, as we show in the Supplemental Material [25].

Conclusion. We have studied the possibility of using
superposition of masses to detect entanglement mediation
through gravity. In contrast to the typical QGEM proposals,
this protocol is not described by Newtonian gravity. The
superposition of mass is achieved through the use of
superposition of rotational states and making use of the
equivalence of rotational energy with mass. This setup for
detecting mediated entanglement is also unique to gravity
as the electromagnetic analog would involve a super-
position of charge. Entanglement arises because rotational
energy gravitates in general relativity, an effect that does
not take place in Newtonian gravity (the effect disappears if
we take ¢ = ).

The importance of detecting gravity mediated entangle-
ment has been extensively discussed in the literature. The
seminal papers [7,8] (see also [15,17]) presented no-go
theorems stating that detection of gravity mediated entangle-
ment that implies that, in any local theory, gravity must be
mediated by a nonclassical system. These arguments are
generalizations to postquantum theories of the well-known
fact that local operations and classical communications
cannot increase entanglement [16]. However, it is crucial
to note that these theorems assume locality at the level of
subsystems, which is a distinct notion from spacetime local-
ity. While the latter is a well-established notion of locality in
field theory, the subsystem notion of locality is on much
weaker grounds, as one can have relativistically local theories
with or without subsystem-local interactions [50-52].

A much less ambiguous way to state why these experi-
ments are important is via the standard hypothesis testing
route [53]: some theories predict the effect and some do not,
and performing the experiment will allow us to distinguish
between them.

L101901-5
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Within linearized quantum gravity, the detection of
mediated entanglement may be said to evidence that the
gravitational field can be set in a quantum superposition of
diffeomorphically inequivalent configurations [10,54,55].

Our protocol admits a similar interpretation as the usual
QGEM protocol, with the main difference of going one step
beyond the Newtonian limit of linearized quantum gravity,
by witnessing the genuinely relativistic effect of energy
sourcing the gravitational field. The relativistic nature of
this effect is manifested in the strong suppressing factor
1/c* in the entangling phase [Eq. (1)].

Another interesting distinction between our proposal and
the spatial superposition QGEM experiments is that the
effect has no electromagnetic analog, as it is well known
that it is not possible to create a superposition of electric
charges.

Our scheme involves achieving superpositions of rota-
tions using control over electric dipole moments and
magnetic dipole moments. The scheme gives a small
parameter regime which may be operational; see Fig. 3.

In order to achieve a workable regime, we had to make
quite ambitious choices of parameters. While further
improvements to our scheme are conceivable that may
relax these parameters, we expect them to remain ambi-
tious with respect to the current state of the art. We
conclude that while it is conceivable to realize the task at
hand in a “table top” setup, it would present a formidable
experimental challenge and require significant technologi-
cal improvements.
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