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We explore the combined lepton and hadron kinematic observables from the exclusive Valencia 2p2h
model. We present variables of interest that are available due to the exclusive kinematics and compare them
with the democratically distributed outgoing nucleon kinematics as currently treated in neutrino event
generators. We also show the effect of nuclear rescattering based on the NEUT semiclassical cascade. We
comment on the observability of these variables in current and future long baseline neutrino detectors.
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I. INTRODUCTION

The importance of multinucleon mechanisms in neu-
trino-nucleus interactions has been established by several
experiments in the last decade. The presence of these
mechanisms was first proposed to explain the unexpectedly
large charged current quasielastic (CCQE) cross section
measured by MiniBooNE [1]. Since then, many theoretical
models have been developed to describe these processes
[2-17]. These models have been successful in describing a
variety of experimental data, including inclusive and semi-
inclusive measurements from MiniBooNE [18,19], T2K
[20,21], MINERVA [22], and NOVA [23].

Multinucleon mechanisms, specifically two-particle-
two-hole (2p2h) processes, involve the interaction of the
neutrino with a correlated pair of nucleons in the nucleus.
This leads predominantly to the ejection of two nucleons
from the nucleus along with the charged lepton, resulting in
a final state with two holes in the nuclear ground state, in
the mean-field picture. This process has been estimated to
be 20% of the total CCQE cross section [2,24], making it
important in neutrino event generators that contain large
fractions of CCQE-like events. The kinematics of these
processes are more complex than those of single nucleon
knockout, as the energy and momentum transfer from the
neutrino is shared between the two nucleons. Additional
complexity arises from the fact that the final state nucleons
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can undergo further interactions within the nucleus, leading
to modifications of their kinematics and nucleon multi-
plicities that could mimic other interaction channels,
especially that of single nucleon knockout (1p1h) where
only one nucleon is ejected. Having access to the hadronic
kinematics is therefore crucial to disentangle these proc-
esses and further improve our understanding of neutrino-
nucleus interactions.

The most common way to model outgoing kinematics of
a 2p2h interaction in neutrino event generators is to assume
that the two outgoing nucleons are emitted back to back in
the c.m. frame of the interacting nucleon pair, and then
transported through the nucleus. This simplified treatment
does not take into account the internal dynamics of the
process in the primary vertex of interaction. However, its
simplicity allows one to combine theoretical inclusive
calculations of 2p2h with the intranuclear cascade. This
is the case of the charged-current model of Ref. [4],
which was implemented in most neutrino event generators,
such as GENIE [25], NEUT [26], and NuWTro [27]. Since
currently running long-baseline oscillation experiments
like T2K rely on lepton kinematics alone to reconstruct
the neutrino energy, this simplified treatment has been
sufficient to describe the experimental data.

The current and next generation of neutrino detectors,
such as T2K’s ND280 upgrade [28], SBND [29], and
DUNE [30], have the capability to measure exclusive
hadronic final states with high precision. This opens up
new opportunities to study multinucleon mechanisms in
greater detail and to test the accuracy of the models used in
neutrino event generators. In particular, the ability to
measure the kinematics of the outgoing nucleons can
provide valuable information about the underlying nuclear
dynamics and the role of correlations in neutrino-nucleus

Published by the American Physical Society
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interactions. This would only be possible with exclusive
models capable of providing detailed information about the
outgoing nucleons. This task is nontrivial due to the inherent
complexity of the 2p2h response. More degrees of freedom
lead to a large dimensionality of an exclusive calculation,
which makes it computationally expensive to implement in
neutrino event generators. One of the first models capable of
providing exclusive kinematics for 2p2h interactions was
developed in [31] built upon the inclusive model of Ref. [4].
Further refinements of the theoretical framework were
presented in [32], where the model of Ref. [4] was signifi-
cantly improved. This updated framework (hereafter referred
to as the Valencia model) forms the basis of our study.

Among other theoretical frameworks recently developed
for exclusive kinematics, we would like to point to
Ref. [17], which extends the spectral-function formalism
to exclusive two-nucleon knockout processes. This study
introduces an improved treatment of the current operators
entering the A-current contribution, together with a more
realistic description of the correlations between the two
struck nucleons, including isospin dependence and angular
correlations. Also recently, within a relativistic mean-field
approach for nuclear matter, the authors of Refs. [24,33]
have investigated the semiexclusive distributions of out-
going nucleons arising from the 2p2h mechanism. They
report differential cross sections whose shapes depend on
the isospin of the emitted nucleon pair and deviate from the
isotropic center-of-mass distribution. Both studies focus on
the description of the outgoing nucleons at the initial
interaction vertex, neglecting the effects of the subsequent
nuclear cascade. Addressing this latter aspect constitutes
the main objective of the present work.

We explore the hadronic observables available from the
exclusive Valencia 2p2h model and compare them with the
simplified inclusive treatment currently used in neutrino
event generators. Throughout this work, we focus on fixed
neutrino energies of 450, 650 and 1000 MeV to isolate the
model effects from the neutrino flux convolution and
compare the two kinematic treatments across different
variables of interest. In Sec. II, we provide a brief overview
of the exclusive Valencia 2p2h model. In Sec. III, we
describe the common inclusive approach used in neutrino
event generators to compute the outgoing nucleon kin-
ematics and how that varies from the exclusive model.
Section IVA presents an exploration of the kinematic
observables at the nucleon level and their theoretical
relevance. In Sec. IV B, we study the effect of nuclear
rescattering (NrS) on these observables using the NEUT
intranuclear cascade model. Finally, in Sec. V, we discuss
the observability of these variables with detector limita-
tions, and present our conclusions in Sec. VI.

II. EXCLUSIVE VALENCIA 2p2h MODEL

The Valencia model for 2p2h interactions was originally
developed to describe inclusive photon [34], electron [35],

and pion scattering from nuclei [36-39], where multinu-
cleon mechanisms play a crucial role. It was first applied to
charged-current neutrino-nucleus interactions in Ref. [4], in
conjunction with the 1p1A contribution [quasielastic (QE)]
derived in Ref. [40], both based on the same microscopic
many-body framework. More recently, the model of Ref. [4]
was updated in Ref. [32], as mentioned above.

The scheme is based on a local Fermi gas description
of the nucleus and starts from a state-of-the-art description
of (anti-)neutrino-induced pion production off free nucle-
ons [41-44]. It includes contributions from both meson-
exchange currents and final-state nucleon correlations,
while only statistical correlations are included in the initial
state, in accordance with the established power-counting
scheme. An additional key ingredient of the approach is the
effective in-medium baryon-baryon interactions in the NN,
NA, and AA channels, which have been successfully tested
in a wide range of reactions at intermediate energy trans-
fers. A distinctive theoretical feature of this approach,
compared to other 2p2h models used in neutrino-nucleus
interactions, is that it goes beyond the one-pion-exchange
potential. Both spin longitudinal and transverse channels
are considered, driven by 7 and p exchange, respectively,
with short-range correlations accounted for by contact
terms in the interaction.

The calculations of Ref. [4] (or Ref. [32]) provided the
inclusive cross sections, where only the outgoing lepton is
detected. However, recent works have extended the
approach to allow for the computation of exclusive kin-
ematics. This was achieved by removing some of the
numerical approximations and, most importantly, by a direct
calculation of the AA contribution [31]. In particular, the A
in-medium treatment plays a crucial role in the dynamics of
the 2p2h process. In the most recent calculation presented in
Ref. [32], the effective real part of the A self-energy was used
to derive a robust estimate of the theoretical uncertainty. This
is because, depending on whether the A is excited by a
longitudinal spin operator, as in the case of pion-nucleus
scattering, or by a transverse one, as in the case of photon-
nucleus scattering, the in-medium shift of the resonance
position takes very different values. In the case of neutrinos,
both types of spin operators appear in the excitation of the A.
In Ref. [32], a comprehensive discussion of the 2p2h
contributions is presented within a many-body quantum
theory framework, and several improvements over the 2011
calculation of Ref. [4] are implemented. In particular, only
spin-3/2 degrees of freedom are retained in the A propa-
gators, which significantly improves the description of the
v,n — p~nx* reaction and, more generally, leads to a better
fulfillment of Watson’s theorem [44]. In addition, an earlier
inconsistency in the treatment of in-medium nucleon energy,
was resolved in [32], leading to larger strength of the 2p2h
nuclear-response and a better agreement with the T2K and
MiniBooNE data, as well as theoretical calculation by
Martini et al. [2].
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II1. INCLUSIVE HADRON KINEMATICS
COMPUTATION

Current implementations of the Valencia 2p2h model in
neutrino event generators use hadron tensor tables to com-
pute the inclusive cross sections obtained in Ref. [4]. Hadron
tensor tables are multidimensional arrays that compute the
hadronic tensor values as functions of energy-momentum
transfer, ¢* = (q,q), allowing event generators to effi-
ciently compute cross sections without reevaluating them
for each event. This method was first used in the imple-
mentation of the Valencia 2p2h model in NEUT and was
later adopted in other generators [45]. For a given nucleus,
the tables are computed in bins of ¢, and |g|, energy and
momentum transferred to the nuclear system, respectively.
This approach then allows for fast computation of the cross
sections during event generation by interpolating the hadron
tensor values from the tables based on the kinematics of the
incoming neutrino and outgoing lepton.

The choice of variables is motivated by their initial use in
inclusive models and the need to keep these tables
manageable in size and computationally efficient. The
kinematics of the hadronic system are then approximated
respecting energy and momentum conservation. Since no
information about the initial nucleon momenta is retained,
they are randomly sampled and simplified assumptions are
made about the kinematics of the outgoing nucleons based
on available energy and momentum transfer.

The computation of the outgoing nucleon kinematics in
the inclusive approach typically involves the following
steps. The initial nucleons’ momenta py. wherei = 1,2 are
sampled from a local Fermi gas distribution. The initial
nucleons are treated as on-shell particles

Ey, = \/P%,+mi.  Pn, = IPw . (1)

where #I; is a random unit vector representing the direction
of the nucleon momentum. The final-state four-momentum
(accounting for the separation energy of a neutron-proton
pair, which for '2C is' Eg = 27.41 MeV) is then given by,

Plfl"maIZPlllV] +Plll\724>qﬂ_(ES’())’ (2)
with ¢g# Monte Carlo distributed according to the updated
theoretical d’c/(dq"d|q|) differential cross section calcu-
lated in [32] and shown here in Fig. 1. At this stage, one has
to ensure that sufficient energy is available to eject the two
nucleons from the nucleus. This is done by requiring that

the invariant mass /S = /P 2 > 2my. Initial nucleons
are sampled until this condition is satisfied. Once this is
done, the outgoing nucleon four-momenta in the two-
nucleon CM frame are given by,

'For a proton-proton pair, the separation energy is around
0.2 MeV smaller.

» =450 MeV le-5

£,=1000MeV le—6

200 400 600 800 250 500 750 1000
g3 (MeV/c) g3 (MeV/c)

FIG. 1. Cross section weighted 2D distribution in energy g, (y
axis) and momentum transfer |g| (x axis) plane for Valencia 2p2h
model at increasing neutrino energies. Color indicates the unit-
normalized 2D density. We observe that the A-resonance peak
becomes visible at higher energy transfers for the highest neutrino
energy.

pon = VS
2 b
[P = \/ (E°™)* = m3,
ﬁ?m — |p’cm ;;.’ ﬁgm — _p’?m7
Py3" = (B, pY3). (3)

where 7 is a random unit vector representing the direction
of p§™. Finally, the outgoing nucleon four-momenta are
boosted back to the laboratory frame using,

P final
PO

final

=2  PLa=Pl=APp)-P3 (4)

-

where A(f) is the Lorentz boost operator. Approximations
made here result in identical behavior for both outgoing
nucleons with regard to their correlations with the lepton
kinematics. Any asymmetry beyond that arising from the
NrS is not a result of this treatment. In effect, one is blind to
the internal dynamics of the nucleon pair. Another impor-
tant aspect to note is the loss of information about the exact
initial state correlations between the nucleons. Hence, this
approach has several disadvantages: it affects the observ-
able quantities, limits the ability to study the underlying
nuclear dynamics in detail, and restricts model discrimi-
nation to total cross sections and lepton kinematics alone.
In order to understand the impact of these simplifications,
we compare the hadronic observables obtained using the
inclusive approach with those obtained using the exclusive
kinematics from the Valencia model. To isolate the effects
of the kinematic treatments from those arising from cross-
section computational differences [32], and to focus on
observable outgoing nucleon dependent quantities, we rely
on the same underlying theoretical framework, namely
Refs. [31,32], consistently adopting the improvements
introduced in [32] into the original 2p2h model of Ref. [4].
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FIG. 2. Normalized event distributions (PDFs) of the asymme-
tries in Eq. (5) for the pp final-pair channel at £, = 650 MeV.
Left: momentum asymmetry A(p); right: energy asymmetry A(E).

We quantify the event-by-event imbalance between the
two outgoing nucleons using the momentum and energy
asymmetries,

!/ / '’ !
Ap) =Tl am=FT ()
P1tp; E) + E,

where p; = [py/| and E; = Ey: (i = 1, 2) are, respectively,
the magnitude of the three-momentum and the total energy
of the two outgoing nucleons in the lab frame.” The
interpretation of the labels i = 1, 2 differs between the
inclusive and exclusive calculations. In the inclusive model,
the two outgoing nucleons are treated symmetrically by
construction [see Eqs. (1)-(4)], so the assignment “1”
versus ‘2” carries no physical meaning; consequently,
A(p) and A(E) are expected to be symmetric around zero
when evaluated over an event sample. In the exclusive
model, instead, the two nucleons are distinguished by the
interaction mechanism: one nucleon is directly associated
with the W vertex—that is, it absorbs the effective energy
transfer (¢ — E) and the full momentum transfer G—
while the other is the accompanying nucleon. This physi-
cally motivated labeling breaks the 1 <> 2 symmetry and
can produce asymmetric A(p) and A(E) distributions.
Figure 2 shows these distributions for the monoenergetic
sample at E, = 650 MeV in the pp final-pair channel,
where the exclusive treatment shows a distinctive asym-
metry. This highlights the limitation of the inclusive
approximation, which assumes symmetric momentum
sharing and fails to capture the complex nucleon dynamics
in 2p2h interactions. It is important to note that this plot
shows nucleon level kinematics still inside the nuclear
medium and does not include final state interactions (FSIs).
The latter effect, specifically NrS, will be discussed in
Sec. IV B.

IV. EXPLORATION OF EXCLUSIVE KINEMATICS

Historically, neutrino scattering experiments have had
limited capability to measure exclusive hadronic final states

“Primes denote final-state (outgoing) nucleon kinematics.

with sufficient precision to directly constrain the models
implemented in event generators. This situation is evolving
rapidly with upcoming high-statistics experiments and
major detector upgrades that offer significantly enhanced
hadronic reconstruction capabilities. It is therefore timely to
identify which hadronic observables are both sensitive to
the choice of kinematic treatment (exclusive versus inclu-
sive) and experimentally accessible. In this section, we
systematically explore the exclusive Valencia 2p2h kin-
ematics derived from the updated model of Ref. [32], and
identify key variables that can discriminate between kin-
ematic prescriptions in current and future neutrino
detectors.

A. Nucleon-level observables

At the primary interaction vertex, the process is modeled
within an impulse approximation where the neutrino
interacts with a correlated pair of nucleons in the nucleus.
The relevant Feynman diagrams for this process can be
seen in Fig. 1 of Ref. [32]. The nuclear dynamics of the
process influences how the transferred energy is shared
between the two interacting nucleons. The kinematics of
the outgoing nucleons can be determined from energy and
momentum conservation,

El/ +EN1 +EN2 :Ef+EN/1 +EN/2 —Es,
Py + Py, + Py, = Dr + ﬁN’l + ﬁN’z, (6)

where E, and p, are the energy and momentum of the
incoming neutrino, E, and p, are the energy and momen-
tum of the outgoing lepton, Ey, and py, and Ey, and py,
are the energy and momentum of the pair of initial
nucleons, while Ejy. and ﬁN/l and Ey, and i)'er are the
energy and momentum of the pair of outgoing nucleons.
This now provides us with the full kinematics of all six
particles in the initial and final states: the initial on-shell
nucleon momenta are randomly chosen at point 7 of the
nucleus and given these four-momenta, ¢° and g and the
outgoing nucleon momenta are Monte Carlo generated
according to the theoretical differential exclusive distribu-
tion do/(d*rd’py d®py,d*py d®pyydiq) as calculated
in [31], but now using the updated 2p2h nuclear model
of Ref. [32].

In practice, the observation depends on the detector
capabilities to identify neutrons and protons, which is more
likely for the nucleon with higher momenta. Therefore all
the comparisons between nucleons will focus on leading
and subleading nucleons, defined as the nucleon with the
highest and second highest momentum, respectively. For
the charged-current 2p2h reaction we distinguish three
possible configurations for the outgoing nucleons for the
neutrino: proton-proton [pp], proton-neutron [pn], and
neutron-proton [ p] (for the antineutrino these are neutron-
neutron [nn], neutron-proton [np], and proton-neutron
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TABLE 1. Fraction of total neutrino 2p2h cross section by
outgoing channel after the primary interaction with the W boson.
Values are identical for inclusive and exclusive treatments since
they are based on the same underlying model.

Neutrino energy (MeV) pp (%) pn+np (%)
450 80.3 19.7
650 80.5 19.5
1000 80.5 19.5

[pn]). Note that nn (pp) pairs can be produced in neutrino
(antineutrino) reactions only thanks to secondary FSI.

As mentioned, the model distinguishes between the
nucleons carrying the highest and second-highest
momenta, which may be associated, respectively, with
the nucleon that interacts with the W boson and with the
nucleon that participates through its interaction with the
former, as introduced in the previous discussion of Fig. 2.
Hence, it is useful to distinguish between pn and np final
states at the level of the model. It should be noted, however,
that experimentally both correspond to the same physical
final state, namely a neutron-proton pair.

To study the region of interest for 2 p2h, we will focus on
the neutrino induced states and at fixed neutrino energies of
450, 650, and 1000 MeV, with earlier emphasis on 650 MeV
due to its proximity to the T2K and Hyper-Kamiokande’s
flux peak [28,46]. The relative fraction of the total neutrino
2p2h cross section for each channel is shown in Table I.
Since the majority (80%) of the cross-section comes from
the pp channel, we will primarily focus on this for the
nucleon level observables, though we will also examine
combined (pp + pn) distributions where relevant.

1. Lepton and hadron correlations

Oscillation experiments typically rely on outgoing lepton
kinematics, since the lepton is the most reliably recon-
structed final-state particle. However, the hadronic system
carries a significant fraction of the energy-momentum, and
lepton-hadron correlations encode nuclear effects that can
bias the reconstruction. We therefore study correlations
between the outgoing nucleons and their relation to the
outgoing lepton. We focus on the nucleon momenta and the
lepton polar angle with respect to the incoming neutrino.
Figure 3 shows the primary difference between the inclu-
sive and exclusive treatments. Secondary collisions are not
taken into account. In the inclusive treatment, the nucleon
momenta are more symmetrically distributed, losing infor-
mation from the vertex dynamics. In the exclusive calcu-
lation, we see a clear asymmetry between the leading |p}
and subleading nucleon |p5°| momenta, with the leading
nucleon typically carrying a larger fraction of the momen-
tum transfer.” This is consistent with the expectation that

*Pre and post refer to quantities before and after NrS.

Exclusive Inclusive

1x107° 1x107
15 1.0

| (MeV/c)

188"

0.0

250 500
16"l (Mevic)

750 1000

250 500
167"l (Mev/c)

750 1000

FIG. 3. Cross-section-weighted 2D PDF of |p}'°| (x axis) vs
|PE°| (y axis) for E, =650 MeV in the pp channel. Color
indicates the unit-normalized 2D density. Exclusive (left) vs

inclusive (right).

one nucleon interacts directly with the W boson, receiving a
larger share of the energy-momentum transfer, while the
second nucleon receives less momentum via meson
exchange.

The energy transfer to the hadronic system is highly
correlated to the lepton angle. Hence we expect a corre-
lation between the lepton angle 6, and the outgoing
nucleon momenta. This, however, is complicated in the
2p2h case due to the meson exchange mechanism that
splits the total energy-momentum transfer between the two
nucleons. We first pay attention to the leading nucleon, and
in Fig. 4, we observe this correlated behavior in both
treatments, with a stronger relation seen in the exclusive one.
The same cannot be said for the comparisons with the
subleading nucleon. The inclusive treatment results in a
distribution similar to that obtained for the leading nucleon,
while the exclusive treatment shows a subleading nucleon
that is largely independent of the lepton kinematics. In the
exclusive treatment, most of the energy-momentum transfer
is carried by the nucleon attached to the primary W vertex.
As a result, the momentum of this nucleon (which is most
often the leading proton) closely tracks the lepton kinemat-
ics and produces the stronger correlation. The second
nucleon, associated with the meson-exchange vertex, typ-
ically receives a smaller share of the transfer and is therefore
much less correlated with the lepton angle, populating
predominantly lower momenta and a broader angular phase
space as compared to the inclusive case. These differences
shown in Figs. 3, 4 hold across the three neutrino energies
tested. In exclusive treatment the leading nucleon carrying
the major fraction of the transfer momenta and the sublead-
ing nucleon is largely flat with respect to lepton angle while
the inclusive behavior is the same across the board by
construction.

2. Transverse kinematic imbalance

The importance of transverse kinematic imbalance (TKI)
variables in neutrino-nucleus interactions has been increas-
ingly recognized in recent years [47-49]. These variables
are constructed from the transverse components of the

012002-5
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FIG. 4. Cross-section-weighted 2D PDF of |pI™| (top) and
|PS°| (bottom) (y axis) vs 6, (x axis) for E, = 650 MeV in the

pp channel. Color 1nd1cates the unit-normalized 2D density.
Exclusive (left) vs inclusive (right).

momenta of the outgoing particles in the final state, and
they provide valuable information about the nuclear effects
and the underlying interaction mechanisms. In particular,
TKI variables are sensitive to multinucleon effects, such as
2p2h interactions especially if they are reconstructed with
the assumption of a single outgoing nucleon observed. In
our study we pick the leading nucleon as the observed
nucleon. The TKI variables we consider are the transverse
momentum imbalance dpz, the transverse opening angle
imbalance day, and the angular transverse imbalance d¢7
given by,

Spr = Py + P, ()
—pL .50
dap = arccos (M) (8)
|ptll6p7]
=¢ . 2Nk
Pr - Pr
Spr = arccos<| TT||_'N‘““ > 9)

where pT and p _'N‘“" are the outgoing lepton and leading

nucleon transverse momenta, and Sp; is the transverse
momentum imbalance vector.” Figure 5 shows the distri-
butions of these variables in the exclusive treatment and
compares them with those obtained in the inclusive treat-
ment. Since these variables are constructed from an
assumed observation of single nucleon, they are highly

“Note that pMe= was denoted as pP™ in the previous section.
We have changed the notation here to avoid confusion with the 7
subscript used to denote the transverse component.

sensitive to the outgoing nucleon configurations and
the neutrino energy. Hence we explore the combined
(pp + pn) distributions. This means that the interaction
with the W boson occurs on pn or nn pairs. We emphasize
that, up to this stage, secondary collisions have not yet been
taken into account. These effects will be addressed in the
following subsection. As can be observed in Fig. 5, the
differences between the inclusive and exclusive treatments
are clearly visible. The favoring of leading nucleon in the
exclusive treatment leads to a more QE-like behavior. The
variations across E, are shown in Sec. VA.

This behavior is clearly visible in the dp7 distribution,
where the exclusive treatment exhibits a pronounced peak
at low transverse momentum imbalance, whereas the
inclusive treatment yields a broader distribution extending
to higher dpy values. The physical origin is straightfor-
ward: when the leading nucleon carries most of the trans-

ferred momentum (as in the exclusive calculation) and the

lepton kinematics are held fixed, the vector sum p% + lee““

tends toward cancellation, resulting in small dp; and thus a
QE-like signature. Conversely, the inclusive prescription,
which distributes energy and momentum more symmetri-
cally between the two outgoing nucleons, produces a less
complete cancellation between lepton and leading-nucleon
transverse momenta, thereby shifting the dp; distribution
to higher values.

The Sar distribution shows less variation between the
two treatments but nonetheless exhibits a nonflat shape
across the angles in the inclusive case. This arises due to the
approximated angular distribution of the nucleon being
insufficient to balance with the muon, inevitably creating
angular momentum imbalance in the system. The angular
sensitivity becomes more pronounced at higher neutrino
energies, where the kinematic differences between treat-
ments for the missing nucleon are larger when compared to
the exclusive case where most of it goes to the leading
nucleon with a more accurate angular distribution and
tending toward a flatter profile.

The transverse azimuthal angle difference 6¢p; exhibits a
distribution characteristic of QE scattering when analyzed
using the exclusive event selection. Specifically, the dis-
tribution demonstrates a pronounced maximum at d¢py = 0,
indicating back-to-back momentum topology in the trans-
verse plane. This collimation is once again the result of the
leading nucleon preference within the exclusive treatment,
which effectively mimics QE-like kinematics. In contrast,
the inclusive treatment yields a less peaked and flatter 5¢b
distribution, reflecting the more symmetric momentum
sharing between the two outgoing nucleons. The peak
nonetheless arises from picking the leading nucleon alone,
which leaves an imbalance that is still present. One
essential point to note is that these are computed for all
outgoing leading nucleons detected irrespective of isospin.
This is not always the case in experiments where the proton
detection is much more efficient than neutron detection.
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FIG.5. TKI variables (inclusive versus exclusive) for E, = 650 MeV (pp + pn). Left, middle, and right top panels show the obtained

distributions for épy, dar, and d¢y, respectively.
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FIG. 6. Same as in Fig. 3, but considering NrS (pp + pn).

Another important aspect is the treatment of NrS, which
can affect the observables significantly by smearing out the
variations.

B. Effect of nuclear rescattering

Nuclear rescattering in event generators is typically treated
with semiclassical hadronic intranuclear cascade simulations.
These algorithms propagate the primary outgoing hadrons
through the nuclear medium and account for processes such
as elastic and inelastic scattering, charge exchange, absorp-
tion, and secondary nucleon knockout, together with effects
like Pauli blocking and momentum loss. The cascade
evolution is governed by the hadron-nucleon interaction
cross sections (microscopic or parametrized) together with
the local nuclear density, which sets the mean free path. In this
work both the exclusive and inclusive event samples are
passed through the NEUT intranuclear cascade to quantify
the impact of NrS on the exclusive kinematics and on the
observable distributions [26].

The number of outgoing nucleons is not conserved after
NrS. Primary nucleons can be absorbed while secondary
nucleons may be knocked out; processes such as charge
exchange or pion production can modify the final-state
isospin composition. For the observables in this study we
therefore select the two highest-energy nucleons in the final

state. This choice is motivated by two considerations: (i)